T6 todn THPT DPéng Anh
PHIEU HQC TAP SO 1: NGUYEN HAM

A BAITAP TU LUAN
Bai 1. Tim nguy&n ham cac ham sé sau

1: f(x):coslzx+X4 2: f(x):2x2+% 3: f(x) =3cosx—3*"*
4 f(x):%-ex+l 5: f(x) = cos/xdXx 6. f(x)=x3—4:v+%
7.f(x):2j;+;;+;; 5. ()= 22 o f(r) =
10. f(z) =sin’ wcos’ 11. f(z) =2sin3zcos2z 12. f(z) = 2‘21

COS T

13. f(z)=e (e —1) 14.f(a:)=e“‘(2+

Bai 2. Tim nguyén ham F(x) ctia cac ham so f(x) sau théa mén diéu kién twong wng
_ 3 _

1 f(:l:)—x dr+5 F<1) 3 6. f(:c)=sin2xcosx F'(ij()

2. f(:z:)=3—5cos:13 F(ﬂ')=2 3

3 -5z’

67: j 15. f(:z:) = tan’ z

7. f@:):M F(1)=2

3. flx)= Fle)=1 e
x2i1 3 8. f(x):x3+3x2+?;x_7 F(0)=8
4 f(o)=——= F(1)=3 (#+1)
5. f(z)=2 x+% F(1)=-2 9. f<$)zsin2§ F[gj:%
Bai 3. Chirng minh ring F(x) 1a mét nguyén ham caa f(x)
1L F(z)=52"+42" ~Tz+120; f(a )=15:1:2+8x—7
2. F(:c):ln(a:+ zt + ) (a:) m
. F(a)=(t-5)es f(x)=(ae-1)e
4, F(x):tan x+3x—-5 f )—4tan r+4tan’z+3
2t +4 . _ —2x

s r(o)-m 55 )=

B T —x 2+1 _2\/5(562_1)
6. F(x)—lnm, f(:rz)—T
Bai 4. Tinh cac nguyén ham sau
1. I(5x — 1)11 xdx 2 J' dx 4. j(2x2 + 1)7 xdx

(3-2¢)
3. J5 - 2zdx

Trang



5. jm2x+5dx

6. I\/:{:Q + lxdx

Bai 5. Tinh cac nguyén ham sau

1. Ia:ln(l+a:)da:

2. I(fEQ + 21 — 1) e'dr

Bai 6. Tinh cac nguyén ham sau
1. Ierdx

2. I x cos xdx

3. Iln xdx

4. I(—xQ + 3z + 1) e'dr

Bai 7. Tinh cac nguyén ham sau
1. Ie*ﬁda:
5 I In zdx

s
3. | ‘/%d“"

4, J. sin %dx

Bai 8. Tinh cac nguyén ham sau

1 I tan xdx

2. f cot xdx

3. ICOSZ xdx

4, J. sin® zdx

5. J- tan® zdx

6. IcotZ xdx

7. J. sin z sin 3zdx
8. J‘ cos 7x cos 3zdz
9

) I sin 5z cos zdx

=~

o k~ o

o o

~

10. I sin x sin 2z cos bxdx
11. j CoSs  cos 2z cos 3zdzx

12. J. cos bz cos 4z sin 3xdx

© © N o v

J‘ 3z°
V5 + 227
J- dx

i

dx

j x sin 2xdx
I(l — :1:) cos xdx
j e’ sin 2zdx

[sin (22 +1)dz
I(l — a:) cos zdx
J.(l — Qx)eg”dx
_[:Be_“’d:v

J.(:r + 1) cos xdx

J‘e’” sin (2:13 + 1) dx
Icosxln(sin :13) dx

J.:z:1111+$d:c
1-z

e 2
0. jsm z cos zdx

6. ij cos rdx

10. .ez cos zdx
11. je‘r sin xdx

12. z? cos xdx

13. i x cos® xdx

8. J‘%-FSQIHCL’ZZ‘

COS T

9. [——da
S10 A

10. J'esm cos zdx



T6 todn THPT Déng Anh )
B. BAl TAP TRAC NGHIEM

Cau 1: Cho ham sé y = 2sin2x —cos.x +1¢06 nguyén ham f(x) thoa man f(%j = % . Khang dinh nao sau day la

sai ?
A. f(x)c6 hé sb tu do bang 0.B. £(x)c6 hé s6 tu do bang 2.C. (1) = —cos2x—sinl+1. D.f(r)=r—1.

Cau 2: Nguyén ham [ xIn(x+1)dx bing

2 2 2 2
A _1In(x+1)—xj+§+c B. X _1In(x+1)+x _2X+C
2 2 2 2
c.t _lln(x+1)—x——x+C D.X—In(x+1)—x—+§+Cc
4 2 4 2

Céu 3: Tim mot nguyén ham | cia ham 6y = (2x+1)(x* +x+4)dx.
A.Izl(x2+x+4)2+x/§B.I=l(x2+x+4)2+3\/§C.I=l(x2+x+4)2+3x D.I=§(x2+x+4)2+9
2 3 4 2

(x2 +1)2

Cau 4: Cho ham s6 f (x) = ~————. Mot nguyén ham F (x) cua f (x) théa man F(1) =—4 la:
o

2 2 2 2
A.x—+21n|x|—%+4 B.x—+21n|x|—i2+4c.x—+21n|x|—iz—4 D.x—+21n|x|—%—2
2 X 2 2x 2 2x 2 X

Cau 5: Goi F(x) 1a mot nguyén ham cia ham s f (x)=x+In(x+1) . Biét F(0)=1, vay F(x) bang:

2 2
A _2X+(x+1)ln(x+1)+1 B. X _2X+xln(x+l)+1

2 2
c.t _X+(x+l)ln(x+1)+l D.x _2X+(x2+1)ln(x+1)+1
Cau 6: Mot nguyén ham F (x) caa ham séf(x):e"'[l— e_:j théa mén F(1)=ela:

X
A.F(x):ex—l—l B.F(x):e"'—lJrl C.F(x):e"+l—1 D.F(x):e"+l+1
X X X X

Cau 7: Nguyén ham cua ham sé y = x*v/x? +11a:

1 3 1 3
A.E(3x2—1) (x*+1) +C B.E(3x2—2) (x*+1) +C
1 3 (x2+1) (x2+1) 1 3
C.g(x2+1) (x2+1) - 3 +C D.E(3x2—4) (x2+1) +C
3
Cau 8: Tim nguyén ham caa ham sé f(x) =
X +5
A.l *+5+C B.l\/x4+5+C C. ! +C D. ! +C
8 2 ANx* +5 8Vx*+5
Cau 9: Mot nguyén ham cua ham s £ (x) =1+l la:
X
2
A._—21 B.x+ln|x| C.x—L2 D.l[x+lj
X X 2 X

Cau 10: Ham s6 f (x) = xe* c6 cac nguyén ham Ia:

A F(x)=xe*+e"+C B.F(x)=x%"+C C.F(x):xzilex*%c D.F(x)=e*(x-1)+C
X+

Trang 3



T6 todn THPT Péng Anh ' ' ) X
PHIEU HQC TAP SO 2 : TICH PHAN

A.BAI TAP TU LUAN

m
Cau 1: Tim m biét I(2x+5).dx:6
0

1 2
Cau 2: Tinh tich phan sau: | = jzx *2
X

-1

dx

2
Cau3: Néu[ f(x)dx=2 thi |—j[3f —2]dx bing bao nhiéu?
1
, 10 6
Cau 4: Cho ham s6 f(x) lién tuc trén doan [0;10] thoa man j f(x)dx=7 va j f (x)dx =3. Tinh
0 2

P :J% f (x)dx +1J9 f(x)dx.

Cau 5: Tim c4c s6 a, b dé ham s6f (x) =asinx+b thoa man: f (1) =2 vaj x)dx = 4
b 2
Cau 6 : Bié tJ' dx=alnb-blna vdi a,b>0 tinh (—j
x* +5x+4 a

Cau 8: Taco tich phan | = 4J.x(1+ Inx)dx =ae’+b.Tinh M =ab+4(a+b) (trongdd a,beZ)

dx tom
————— batt=+/2x+3, taduoc | = dt
(x+1)v2x+3 J2't2+n

Cau 9: Chotich phan I =

[Ny JEN S—
=

s . b ¢
Cau 10: Biet r:?mgIBe‘/“de:%e2 +ge+c (a,b,c eZ). TinhT =a+§+§.
0

Cau 11: Cébaonhieusd ae (0;207r) sao cho Isins X.sin 2xdx =§.

Cau 12: Biét J'xe”dx =axe™ +be” +C, voi a,be Q. Tinh tichab.

1

Cau 13: Chohamsé f (x) lién tuc trén doan [0;1] va thoa man f f(x)dx=1,
0

f (2x)dx =13. Tinh tich

m\H%N\H

1
phan | = | x*f (x®)dx.
Jeiie)

4

Céu 14: Tinh tich phan 7 = [ [z* — 3z + 2 dz ta duoc két qua

-1

Cau 15: Cho ham s6 y = f(x) c6 dao ham, lién tuc trén doan [1;3], theaman f(x)>0,vxeR va
f(x)=f(x).(2x=1), biét f(1)=LTinh f(3).

Trang 4



T6 todn THPT Péng Anh

B. BAl TAP TRAC NGHIEM:
5 3 5
Caul. Chohamsé f lién tuc trén doan [0;6]. Néu [ f(x)dx=2 va [ f(x)dx=7 thi [ f()dx co gia tri
1 1 3

A. 5. B. -5. C. 9. D. -9.

b b/2
Cau2. Chohamsé f liéntyc tren R va hai sb thuc a<b. Néu j f (x)dx = thi tich phan j f (2x)dx ¢c6
a a/2
gid tri bing
A L. B. 2. C. «a. D. 4.

2
j\/Inx+1Inx
X

Céau 3.  Baitoan tinh tich phan | = dx dugc mot hoc sinh giai theo ba budc sau:

L. Pt an phu t=Inx+1, suy ra dt “Laxva

X
x | 1 | e
t [ 1 [ 2
e 2 2
1 |=j—\“m‘m‘dx=j\ﬁ(t—1)dtm. I:I\/t_(t—l)dt:(\/_——j ~1+32.
1 X 1 1 ’\/t-
Hoc sinh nay giai ding hay sai? Néu sai thi sai tir budc nao?
A. Bai giai dang. B. Sai tu Budc 1l. C. Sai tu Budc 1. D. Sai ¢ Buac IlI.
/3 .
Cau 4. Xéttich phan I = I 1S|n2X dx . Thyc hién phép di bién t =cosx, ta c6 thé dwa | vé dang nao sau
¢ 1+C0OS X
day
/4 /4 1 1
A. L—jﬂdt B. I = j—dt C. I_—I—dt D. |=I£dt.
11+t 11+t
2 2

0
Cau5. Néu j(4 e2)dx =K —2e thigidtri cua K 1a

-2

A. 9. B. 10. C. 11. D. 12,5.
1
Cau 6. Tich phan | —J‘;dx c6 gia tri bang
X=X-2
A. —2In2. B. 2';‘2. C. —2'22. D. Khong xéc dinh.
Cau 7. Chotich phén: I =_|. ,1;Inx dx Pt u=+1-Inx Khidé | bing
X
0 ' 0 0 u2 1
A 1 =[u*du. B. I =—[u’du. C.1=[=du.D.1=-[udu.
1 1 1 2 0

3
Cau8. Cho tich phan I = [(2-x)sinxdx. Pat u=2-x, dv=sinxdx thi | bing
0

A. —(2-x)cosx|z -

oct— oy

T 2 T 2 z 2
cos xdx.B. —(2 - x) cos x|2 +jcos xdx.C. (2—x) cos x|2 +Icos xdx. D. (2-x)[z + jcos xdx .
0 0 0

Trang 5



T6 todn THPT Péng Anh

7

Cau 9. Tich phan j 5 dx bang

3 3 ( 2 4 13 4 133
j(t Y jt N’ c 1Dy p 3Dy
1 21 1
A ) | : 3 1,3 1,3 1.3
Cau 10. Tich phan I:j44dx bing A In=. B.-In=. C.ZIn>. D.=h:.
1 X(X"+1) 2 3 2 5 2 4 2
A . R 2 9 R -5z T 3 V4
Cau 11. Tich phan I=Icos xcos2xdx co gidtri bing  A. - B3 C.5- Do
0

T

2
Cau 12. Cho tich phan | =J'«/1+3cos x.sin xdx .Dat u=+/3cosx+1.Khi d6 | bing
0

2 2 2 2 2 2 3
A. —J.uzdu. B. —juzdu. C. =u% . D. J.uzdu.
3 1 3 0 9 1 1
Cau 13. Cho ham s f lién tuc trén R thoa f(x)+ f(—x)=~2+2c0s2x , véi moi x e R . Gié tri cua tich
2
phan | = j f (x)dx 1a A.2. B. 7. C.7. D. -2.
B
2
Cau 14. Tich phan _[x/4—x2dx cé giatri la A % B. % C.%. D. z
0

1
Cau 15. Gidtrj caa tich phan: | = |

0

1 1 1 1
A —[2_1 B.—[2_1 C. —[2*-1]. D. —[2%_1].
900[ | 900[ | 900[ ] 900[ ]
Cau 16. Giatri ciatich phan: | = | _XSINX gy
o 1+Cos” X
2 2 2 2
A X B. L. c. =, D. =
2 6 8 4

Cau17. Biét | = > dX=§+|n2. Gidtricua a la A 2 B.In2. C.r. D.3.

jlx?’—ZInx 1
X

5
, dx
Cau 18. Két qua phép tinh tich phan |=|———— c¢6 dang | =aln3+bIn5(a,beZ). Khi dé
qui phép p !X — ang ( )
a’+ab+3b%cod giatrila A. 1. B. 5. C.0. D.4.

b
Cau 19. C6 may gia tri cua b théa man I(3x2 ~12x+11)dx =6
0

A. 4. B. 2. C. 1. D. 3.
a bz

Cau 20. Biétring j ——=A, j 2dx =B (v6i a,b>0). Khi d6 gia tri cua biéu thic Aan+ 2. bang
o X“+a 0 2b

A.2r . B. . C.3r. D. 4r.

Trang 6



T6 todn THPT Péng Anh

] . _ PHIEUHOQC TAP SO 3: ) R )
UNG DUNG CUA TICH PHAN TINH DIEN TICH HINH PHANG:

1) Li thuyét

Dién tich hinh phang gidi han béi mién D =fx =a, x = b, y = 0, y = f{x)} dwoc tinh theo CT

S = [|f (x)|dx (1)

a
Dién tich hinh phang gidi han bsi mién D ={x = a, x = b, y = f(x), y = g(X)} dwoc tinh theo CT

S = [|f(x) - g(x)|dx (2)

Di¢n tich hinh phang gidi han béi mién D ={y = f(x), y = g(x)} dwoc tinh theo CT

d
S= _“ f(x)— g(X)|dX (3) (Vdi c, d la cac nghiém cua phuong trinh fix) = g(x) )

C
Cha y: Néu phwong trinhf(x) = g(x) ¢é nhiéu no X1=C<Xp<X3< ... < xn—d thi Ct (3) viét lgi

S= j|f(x) g(x)|dx+j|f(x) g (x)|dx +.. +j|f(x) g(x)|dx

Xn-1

Dién tich hinh phang gi6i han bai mien D ={y = f(x),y = g(X), y = h(x)}

Ta tim hoanh do giao diém ciia cac dwongy = f(x), y = g(x), y = h(x) roi chia ra tirng khiic dé tinh. Tét nhdt 1a
phdi vé hinh @é dé thay Chang han, f(x) g(x) c6 2 nghi¢m a < cvag(x) = h(x) cé hai nghi¢gm ¢ <d thi

S = j|f(x) g(x)|dx+j|g(x) h(x)|dx

Chuy: Trong tru"ong hop phuong trinh hoanh dé giao diém f(X) g(x) phatc tap thi c6 thé xét phwong trinh
tung dp giao diém cua ching, gid sir X = @(Y); X =w(Y) va phwong trinh ¢(y) =w(Yy) c6 hai nghiém ¢ <d

d
thi S =[lp(y)—w(y)dy (4)
I1) Bai tdp
A. BAI TAP TU LUAN
1. Tinh dién tich hinh phang gi6i han bai cac duongy =0,y = x> —3x* +2,x =0, x = 2
2. Tinh dién tich hinh phing gi6i han boi cac duongy =0,y = x> — 2x2 — x + 2
3. Tinh dién tich hinh phing gi6i han bai cac duongy = x*+ 1,y =3 —x
4, Tinh dién tich hinh phang gidi han bai cac duongy =0,y =Inx, x = e
5. Tinh dién tich hinh phang gidi han bai cac duongy =0,y =Inx, x =1/e,x = e
6. Tinh dién tich hinh phing giéi han bai cac duong x = y®, x =8,y =1
7. Tinh dién tich hinh phang gidi han bai cac duongy =¢e*, y=e*,x=1
8. Tinh dién tich hinh phang giéi han bai cac duong (P): y = x* — 2x +2; tiép tuyén cua (P) tai M(3; 5) va
truc tung
9. Tinh dién tich hinh phang gidi han bai cac dudng truc OXx, truc Oy; tiép tuyén cia do thi ham sé y = Inx
tai giao diém cua d6 thi ham sé do6 vai Ox
10. Tinh dién tich hinh phéng gi6i han boi cac duong y = x* — 2x +2 y=—x*—x+3
11.  Tinh di¢n tich hinh phing gioi han béi cac duong y* = 2x va x* = =2y
12. Tinh dién tich hinh phang cuia mdi phan giéi han bcn cac duong x? + y? = 16 va y* = 6x
13.  Tinh dién tich hinh phing gi6i han boi cac duong y? =2x + 1vay=x—1
14.  Tinh dién tich hinh phing gi6i han boi cac duong x* +3y =0 v y = —/4— X?
15.  Cho hinh phang (S) gi¢i han béi cac duong my = x? va mx = y? (véi m > 0). Tinh gia tri m dé dién tich

S=3

Trang 7



T6 todn THPT Déng Anh )
B. BAl TAP TRAC NGHIEM:

Céau 1. Dién tich S cua hinh phang gigi han bai db thi ciia ham sé y = f(a:) lién tuc trén [a;b], truc hoanh va

hai duong thang = a,z = b dugc tinh theo cong thirc:
AS = i‘f(a:)‘dm. B.S = if(a:)dm. C.S= jlf(a:)dx +if(a:)d:v. D. §= if(a;)dg;—jf(x)dx.
a a a 0 a 0

Céau 2.Dién tich S caa hinh phang gisi han boi d thi ciia ham s y = 1, (:z:),y = (a:) lién tuc trén [a;b]va

hai duong thang = = a,z = b dugc tinh theo cong thirc:

[(4(e)- &) . 5 = [ (2)- (=] 5= o1

a a a a

b
A.S:j

a

fl(f'f) -, (x)‘dx.B. S =

Cau 3. Dién tich hinh phang dwoc gisi han béi d6 thi ctia ham sé y = 27, truc hoanh va hai duong thing
r=—-1,z =3

A.8. B.28 c.2 D.28.
3 3

Cau 4. Dién tich hinh phing duoc gisi han béi cac duong y = ¢° + 32,y = — va duong thing 1=-2I &:
A2 B.12. c. 9 p. 1

99 5 12
Cau 5.Dién tich hinh phang giéi han boi d6 thi ham sé y = -5x* +5 va truc hoanh Ia:
A. 4. B. 8. C. 3108. D. 6216.
Cau 6.Di¢n tich hinh phang gidi han baoi y =1_—2; y=x la

X /7,1 0 4 X
Al B.1-In2. C.1+In2 D.2—1In2. V

Cau 7. Dién tich caa hinh phang gii han boi (C):y=xva (d):y=+xla:

Hinh 1
AZ B. 2. c.2 p. L.
3 3 3 3
Cau 8. Dién tich hinh phang gigi han bai d6 thi ham séy = x* +11x -6,y =6x?, x =0, x =2 ¢0 két qua dang
%khi d6 a—b bing »
A2 B. -3. C.3. D. 59. ‘
Cau 9.Di¢n tich hinh phing gioi han boi cac db thi y =|x* —4x+3[va Y = X+3Ia: . [\
55 205 109 126 '

Cau 10: Cho db thi ham sé y=Ff(x) . dién tich hinh phiang (phan t6 ¢am trong hinh 1) Ia:
4 0 0 1 4 -3 4

A. _[f(x)dx. B. jf(x)dx+[f(x)dx. C. J.f(x)dx+J‘f(x)dx. D. jf(x)dx+j f(x)dx..
23 -3 4 -3 1 0 0

Cau 11: Dién tich hinh phang (phan boi den trong hinh 2) duoc tich theo cong thirc:

jf(x)dx j:f(X)dX j.f(x)dx

C

If(x)dx

a

b

_[f(x)dx

a

A.g= B.S=

+

C.j f(x)dxD. S =

Trang 8



T6 todn THPT Péng Anh

) . _PHIEUHQC TAP SO 4: i o
UNG DUNG CUA TICH PHAN TINH DIEN TICH THE TICH

1) Li thuyét
- Khi quay mien D ={y = f(x); y = 0; x = a; X = b} quanh truc Ox ta dwoc khéi tron xoay co thé tich dwroc tinh

b

theo cdng thirc: V = ﬂj f2(x)dx (1)

- Khi quay mién D ={ x = g(y); x = 0; y = a; y = b} quanh truc Oy ta duroc khdi tron xoay co thé tich duroc tinh
b

theo cong thutc: V= ﬂjgz(y)dy )

a
- Khi quay mién D ={y = f(x); y = g(x); X = a; X = b} véi 0< f(x) < g(x),Vx e[a; b] quanh truc Ox ta dwoc
khai tron xoay c6 thé tich duoc tinh theo cong thurc:

b b b
V= zjgz(x)dx—nj f2(x)dx =7zj[gz(x)— f2(x)]dx (3)
a X a a
Trong d6 V, = 7le g?(x)dx thé tich khai tron xoay khi quay mién D;={y = g(x); y=0; x=a; x=b}quanh truc Ox

b
V, = 77.[ f2(x)dx la thé tich khai tron xoay khi quay mién D, = { y = f(x); y = 0; x = a; x = b} quanh truc Ox

a
Cha y: Khi mién D gidi han bsi nhiéu do thi ham s6, dé tinh duoc thé tich khoi tron xoay khi quay mién D
quanh Ox hay Qy, cach tot nhat la ta nén vé hinh, tz hinh vé suy ra cach tinh.
11) Bai tap
A.BAI TAP TU LUAN ‘
Tinh thé tich cac khoi tron xoay sinh ra khi quay mién D gidi han béi cac duong sau quanh truc Ox

1. y=sinx;y=0;x=0;Xx= 7 8. y = x? va tiép tuyén cua né tai diém A(2; 4)
2. y=-x+2xy=0 va truc Oy

3. y=x%y = 2X 2 1.,

4, y=x>-2x+2;y=-x"—Xx+3 9. yEXTy=oXhy=2x

5 y=‘X2—4X+3‘;y=0 10.  y=cos X, truc hoanh va hai dudng thang

6 y:x+1;y:3_x;y:0 X=0,x=2nx.

7. y=x5y=2-x

B. BAI TAP TRAC NGHIEM: q ‘ ,
Cau 1. Theé tich cua khoi tron xoay khi quay quanh truc Ox hinh phang duoc gigi han baoi do thi ham so f(x)

a;b

lién tuc trén doan , truc Ox va hai dudng thangx = a, x = b c6 cong thuc tinh 1a:

AV = ff da:BV—wff d:z:CV 7Tff deV_ﬂ' (:r)da:
Cau 2. Thé tich khéi tron xoay duoc tao thanh khi quay quanh truc Ox hinh phing (H) dugc gidi han boi cac

duong sau:y = f(x) truc Ox va hai duong thing = = a,xz = b (a<b) la:

AV = ch-fz (:zs)dx B.V = j.fz (a;)da: C.V= nj‘f(x)dx.D. V= 2nj.f2 (:c)da:

Cau 3. Thé tich khéi tron xoay sinh ra do quay hinh phing giGi han bai cac duong y = 2°, truc Ox, =z = —1,
x = 1 mot vong quanh truc Ox la:
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A. . B.27. c.bm D.2™
7 7

Cau 4. Thé tich caa khdi tron xoay khi quay quanh truc Ox hinh phang duoc gisi han béi:y = sin x, truc
hoanh va hai duong thing z = 0,z = 7l
2 2 3
AT B.T . c. X D. T
4 2 2 3
Cau 5. Cho hai ham sé f (x)va g(x) lién tyc trén [a;b] vathoaman: 0< g(x)< f (x),vx e[a;b]. Goi V
la thé tich cta khdi tron xoay sinh ra khi quay quanh OX hinh phang (H ) giéi han béi cac duang:

y=f(x),y=9(x), x=a;x=b.Khidé V dugc tinh bsi cong thirc nao sau day?

A V= nj‘[f (x) —g(x)]2 dx. B.V= ni[fz (x)-g? (x)]dx.

b 2 b
C. V:{nf[f(x)—g(x)]dx} : D. V:.Hf(x)—g(x)‘dx.
a a
Cau 6. Thé tich khéi tron xoay khi quay quanh truc Ox hinh phang gigi han boi y=Inx,y=0,x=e la:
A. re. B.z(e-1). C.7(e-2). D.7(e+1).
_ 2¢+1

, truc Ox va truc Oy. Thé tich cua
z+1

Cau 7. Cho hinh phang (H) dwoc giéi han béi dusng cong (C) : y

khdi tron xoay khi cho hinh (H) quay quanh truc Ox 14 :
A. 3. B.4mIn2. C.(3—4In2)r. D.(4 —3In2)m.

Cau 8.Cho hinh (H) giéi han boi cac duong y = JX ;X =4; truc hoanh. Quay hinh (H) quanh truc Ox ta duoc
khéi tron xoay c6 thé tich 1a:

A BT B, 147, C.8m. p. 17,
2 3 3
2 2
Cau 9. Thé tich khéi tron xoay khi cho Elip X—2+§ =1 quay quanh tryc Ox :
a
A.ﬂﬂ'azb. B.ﬂﬂ'abz. C.gﬂ'azb. D.—gﬂ'abz.
3 3 3 3

Cau 10.Cho (H) 1a hinh phang gi¢i han bai dudng cong (L): y = X/In(L+x%) , truc Ox va dudng thang x=1.
Thé tich ciia vat thé tron xoay tao ra khi cho (H) quay quanh truc Ox Ia.

A.V:%(In4—1). B.V=%(In4+2). C.V:%(In3+2). D.V=%In3.
Cau 11. D¢ tim dién tich cua hinh phang gisi han bsi (C):y =x;y =0;x=-1x =2 mét hoc sinh thyuc hi¢n

theo cac budc nhu sau:

2
_[ x3dx

-1

412

X
Budgc Il S =

Budcl. S =

T4

Budc 1. S :‘4—%‘ b

-1

Cach lam trén ding hay sai tur budc nao?
A. Budc . i ) B. Budc Il. C. Buéc III.O D. Khong ¢6 budc nao sai.
Cau 12. Thé tich khoi tron xoay khi quay quanh truc Ox hinh phang gigi han bai cac duwong

y=xInx,y=0,x=e cd gia tri bing g(b.e3 —2)trong d6 a,b 1a hai s6 thyc nao dudi day?
A.a=27,b=5. B.a=24,b=6. C.a=27,b=6. D.a=24,b=5.
Trang 10
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_ PHIEUHQC TAP SO 5
ON TAP HE TRUC TQA BQ
Chuy cac cong thec sau:
1.Tichcohuéngcuahai vector &, b lamétvecto¢ Kihigu: ¢ = [é, b]=aAb
a3 al
b3 bl

e @,

Cho @ = (al, do; 8.3) vab = (bl, b,: b3) Khido: [a b] ( ; b b
1 2

)

b, b
= (32P3 - a3bg; asb17— arbs; a1b, - aZbl)q )
2.bieukiéndongphangcuaba vector a,b,cla[d,b].c =0
3.Diéntich tam giac ABC: Sagc = %‘[KB H:]‘
4.Thétichkhéihop ABCD.A’B’C’D’: V = |[AB,AD].AA’|
5.Thétichcuatdién ABCD 1 Vagcep = %\[Ez, R:].H)’\

A.BAI TAP TU LUAN
Bai 1:Viéttoadocuacacvectosauday:

a=-2i+j; b=Ti-8k; ¢=-9k ; d=3 —4j+5k
Bai 2: Cho: a=(2;-5;3), 5 =(0;2;,—1), ¢ =(1,7;2).. Tim toa do cua cic vecto & Vi

a)ﬁ:4a—%5+35 b) i=d—4b-2¢ c)ﬁ:—45+§Ed)ﬁ:3a’—E+55

Bai 3: Tinh goc cua hai vecto @ va b

a) a=(431), b=(-123) b) a=(254), b=(6,0,-3)

Bai 4: Cho hai vecto @, b. Tim ¢ =[a,b]:

a) a=(3-1-2),b=(5%7)b) a=(6,-24), b =(6;3310) c)a=(231),=(56;4)
Bai 5:Cho diém M. Tim toa d6 hinh chiéu vudng goc cia diém M:

e Trén cac mat phang toa do: Oxy, Oxz, Oyz

e Trén cac truc toa do: Ox, Qy, Oz

Q) M(12;3) b) M(3-12) c) M(-11%-3) d) M(L2;-1)
Bai 6:Cho diém M. Tim toa d6 cua diém M’ dbi xtiing véi diém M:

e Qua gbc toa do e Qua mp(Oxy) e Qua truc Oy

a) M(2,-5,7) b) M(22,-15;7) c) M(11;,-9;10) d) M(3;6;7)

Bai 7:Cho badiém A, B, C biét A(L; 2;-3), B(0;3;7),C(12;5;0)
a. Chtingtobadiém A, B, C taothanhmat tam giac.  b. Timtoadotrongtam G cuaAABC.
¢. Xacdinhdiém D saocho ABCD lahinhbinhhanh. d. TinhsédocacgoctrongAABC.
e. TinhdiéntichAABC. Tudosuyradodaiduongcao AH caiaAABC.
Bai 8:Cho bondiém A, B, C, D biét A(2;5;-3), B(1;0;0), C(3,0,-2), D(-3;,-1,2)
a. Chttng minh A, B, C, D labbndinhcuaméttadién. b. Timtoadotrongtdm G cuatadién ABCD.
c. Tinh gdc tao boi cac canh d6i dién cua tir dién ABCD.  d. Tinhthétichcuakhditadién ABCD.
e. Tinhdiéntich tam giac BCD, tirdosuyradddaiduongcaocuatirdiénveétr A.
Bai 9:Cho hinh hop ABCD.A'B'C'D' biét A(10;1),B(2;1;2),D(1;-11),C'(4;5,-5)
a. Tim toa dd cac dinh con lai. b. Tinh thé tich khdi hop.
Bai 10: Trong khong gian Oxyz cho:
a. Badiém A(2;5;3),B(3:7;4); C(x;y;6). Timx, ydé ba diém A, B, C thang hang.
b.Badiém A(1;1;1),B(-1;1;0); C(3;1;-1). Tim diém M thuoc mp ( Oxz ) sao cho M cach déu 3
diém A, B, C
~ c.Haidiém A (-1;6;6), B (3;-6;-2). Tim diém M thuoc mp ( Oxy ) sao cho AM + BM Ia ngin
nhat.
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B. BAl TAP TRAC NGHIEM:
Caul:Trong khdng gian Oxyz, cho biéu dién cua vecto a qua cac vecto don vi la a= 27+R—3]. Toa do cua
vectoa la  A(L2-3). B.(2-31). C.(2L-3). D.(L-3;2).
Cau 2:Trongkhdnggianvéihétructoadd Oxyz , chobadiem A(3;-2;3), B(-12;5), C(10;1). Timtoadotrongtam
G cua tam giac ABC ?
A.G(10;3). B.G(3;0;1). C.G(-10;3). D.G(0;0;-1).
Cau  3:TrongkhonggianvgihétoadoOxyz,  chohaidiém A, BV6iOA=(2,-13), OB =(5;2;,-1).

Timtoaddcuavecto AB .

A.ﬁ:(3;3;—4). B.ﬁé:(Z;—l;:%). C.ﬁ:(7;1;2). D.ﬁ:(—S;—3;4).

Cau 4:Trongkhdnggianvésihétoado Oxyz , chobavectod =(-110), b= (110), c=(L11).
Trongcacménhdésau, ménhdénaosai?

Alal=+2. B.alb. C.le[=+3. D.blc.

Cau5: Trongkhonggianvainhétructoado Oxyz choa = (1 —2;3)vab = (2; -1 -1) . Khangdinhnaosaudaydiing?

A. [5, B] =(-5,-7;-3). B.Vecto a khongeungphuongvéivectob .

C.Vecto a khdngvudnggdcevéivectob . D. ‘5‘ =14

Cau6:Trongkhdnggian Oxyz , chohaidiém A(L; -1 2)vaB(2; 1 1). Podaidoan AB bing

A2, B./6. CN2. D.6.

Cau 7:Trong khong gian véi hé truc toa do Oxyz, cho vécto d=(L-2;3). Tim toa do cia vécto b biét

ringvécto b nguoc hudng véi vécto @ va ‘6‘ = 2|é|.

A.b=(2-23). B.b=(2,-4;6). C.b=(-24-6). D.b=(-2-23).
Cau 8:Trongkhdnggianvsihétoado Oxyz , chobadiém A(3;2;1), B(-13;2); C(2;4;—3). Tichvohuong AB.AC
la A.2. B.-2. C.10. D.-6.

CAau9: Trongkhdnggian Oxyz, cho diém A(L-2;3). Hinhchiéuvudnggdccuadiém A trénmatphang (Oyz) ladiém
M. Toadocuadiém M la

A.M(L-2,0). B.M(0;-2;3). C.M(10;0). D.M(1,0;3).

CAau10:Trong khdng gian véi hé truc toa dd Oxyz, cho A(0;-11), B(-21-1), C(-13;2). Biétraing ABCD
13 hinh binh hanh, khi d6 toa do diém D Ia:

A.D(—l;l;%). B.D(13;4). C.D(314). D.D(-L-3-2).

Cau 11:Trong khdng gian Oxyz, cho A(LL-3), B(3,-L1). Goi M la trung diém cua AB, doan OM c6 do
dai bing A5, B.\6 . C.245. D.2/6.
Cau 12:Trongkhdnggian Oxyz , chodiém M (3;2;-1) . Hinhchiéuvudnggdccuadiém M I8ntruc Oz ladiem:
A.M,(3,0;0). B.M,(0;2;0). C.M,(0;0;-1). D. M, (3;2;0).

Cau 13:Trongkhonggianvéihétoadd Oxyz , chohinhlangtrudiing ABC.A'B'C'c6 A(0;0;0), B(2;0;0), C(0;2;0)
va A’(O; 0; 2) . GocgirtaBC'va A'C la
A.45°, B.60°. C.30°. D.90°.
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Cau 14:Trongkhonggianvaihétoadd Oxyz , cho tam giac ABC véi A(L;0;0), B(3;2;4), C(0;5;4). Timtoadodiém
M thudcmatphéng (Oxy) saocho [MA + MB + 2MC|nhonhit.

A M(Z3;0). B.M(—-3;0). C.M(310). D.M(2;6;0).
Cau15:Trongkhdnggianvéihétructoadd Oxyz , chohinhbinhhanh ABCD . Biét A(2;1;—-3), B(0;-2;5)va

C (1;1;3) . Diéntichhinhbinhhanh ABCD la

A. 287 . B.—“g;g. C.\/349. D.\/87.

Caul6:Trong khong gian véi hé truc toa do Oxyz , cho hai diem A(0;2;—4),B(-3;5;2). Tim toa d¢ diem M
sao cho biéu thirc MA? +2MB? dat gia tri nho nhat.
;Z;—lj.
2

AM(-13-2). B.M(-2;4;0). C.M(-3,7;-2). D.M (—
Cau 17:Trongkhonggianvéihétoadd Oxyz , chocacvectod = (2;m—-1;3), b= (1,3;—2n). Timm, ndécacvectod,

N W

Scﬁnghué’ng.

A.m=7;n=—%. B.m=7;n=—%. C.m=4; n=-3. D.m=1; n=0.
Cau 18:Trongkhonggian Oxyz , choa, Btaovdinhaulgéclzoova‘é‘=3; ‘5‘ =5.TimT =‘5—5‘.
A.T=5. B.T =6. C.T=T7. D.T =4.

Cau 19:Trongkhdnggian Oxyz , choa=(L2;1), b=(-112), ¢ =(x;3x;x+2). Néu3vectoa, b, c

ddngphangthi x bang ?
A2, B.1. C.-2. D.—1.
Cau 20:Trongkhdnggianvéihétoadd Oxyz , cho A(1;2;0), B(3;—-1;1), C(1;1;1). Tinhdiéntich S cua tam giac

ABC. A.S=1. B.Sz%. C.5=+3. D.S=4+2.

Cau 21:Trongkhdnggian Oxyz cho A(L,-12), B(-2;0;3), C(0;1;-2). Goi M (a;b;c)ladiémthucmatphang
(Oxy) saochobiéuthtic S = MAMB + 2MB.MC +3MC.MA datgiatrinhonhat. Khido T =12a+12b + ¢ cdgiatrila
AT=3. B.T =-3. C.T=1. D.T=-1.

Cau22: Trong khong gian vai hé truc toa dd Oxyz, cho OA=2i+2j+2k, B(-2; 2,0) va C(4L-1). Trén
mét phang (Oxz), diém nao dudi day cach déu ba diém A, B, C.

A.M(§;O; i) B.N[_—B;O; _—1] C.P(E;O; _—1] D.Q(_—g;o; lj
4 2 4 2 4 2 4 2

Cau23:Trongkhénggianvaihétoadd Oxyz , chobadiém A(L;2;,-1), B(2,-1;3), C(—4;7;5).
Toaddchanduongphangiactronggdc B cua tam giac ABC la
A. —2;1—1;1} B. 1—l;—2;1 : C. z;1—1;1 : D.(-2111).

3 3 3 3 33
Cau24:Trong khdng gian véi hé toa & Oxyz , cho hai diem A(3;5,-1), B(L13). Tim toa d6 diem M thudc
(Oxy) sao cho‘m+ m‘ nho nhét ?
A.(-2,-3,0). B.(2,-3,0). C.(-2;3,0). D.(2;3,0).
Cau25:Trongkhdnggian Oxyz chohinhhopchirhat OABC.EFGH c6cadccanhOA =5,
OC =8, OE =7 (xemhinhve). Haytimtoadodiém H .
A.H(0;7;8). B.H(7;8,0). C.H(8;7;0). D.H(0;8;7).

Trang 13




T6 todn THPT Péng Anh

PHIEU HQC TAP SO 6
PHUONG TRINH MAT CAU
A.BAI TAP TU LUAN
Bai 1: Trong cac phuong trinh sau, phuong trinh nao 13 phuong trinh mit cdu. Tim tdm va ban kinh cta mit
cau do?

UxP+y* +7°—2x—6y—8z+1=0 2/ X2 +y*+ 72+ 10x + 4y + 22 + 30 =0

AIX+y+z2—y =0 41 2x% + 2y* +27° —2x -3y +5z -2 =0

5/x*+y*+27z°—3x+4y—82+25=0

Bai 2: Tim diéu kién cua tham sé dé cac phuong trinh sau 1a phuong tinh cua mat cau:

1/x*+y?+2° —=2(m+2)x+4my—2mz+5m*+9=0

2/x*+y?+2° +2(1+cosa ) x—4y —(2cosar) 2+ 7+ cos2a =0

3/x*+y*+z°—(2Ina)x+2y—-6z+3lna+8=0

Bai 3: Viét phuong trinh mit ciu (S), biét:

1/ Tam 1(3; 2; -1), ban kinh R = 3.

2/ Tam I(1; 0; -1), dudng kinh = 8.

3/ Duong kinh 1a AB, véi A(-1; 2; 1), B(0; 2; 3)

4/ &i qua 4 diém A(1; 1; 1), B(1; 2; 1), C(1; 1; 2), D(2; 2; 1)

5/ Tam I(-4; 7; 5) va tiép xuc voi mit phing Oxz

6/ di qua hai diém A(3;-1; 2), B(1; 1; -2) va c6 tam thudc truc Oz

7/ di qua ba diém A(1; 2; -4), B(1; -3; 1), C(2; 2; 3) va ¢6 tam thudc mat phang Oxy.
B. BAl TAP TRAC NGHIEM:

Cau 1. Trong khdng gian véi hé toa do Oxyz, cho hai diém A(2;4;1),B(-2;2;-3). Phuong trinh mt cau duong

kinh AB la:

A X +(y-3) +(z-1) =9 B. x?+(y+3) +(z—1)" =9

C. x2+(y—3)2+(z+1)2:3 D. x2+(y—3)2+(z+1)2:9

Cau 2. Trong khong gian véi h¢ toa do Oxyz, cho mét cau (S): x> +y* +z° —8x+4y+2z—4=0.Bankinh R
cua mat cau:

A R=\17 B. R=+/88 C.R=2 D. R=5

Cau 3. Trong khdng gian véi hé toa dd Oxyz , phuong trinh mét cau c6 tam | (4;—13) va ban kinh J5 la:

2

A.(x—4)2 +(y+1)2 +(z—3)2 =5 B.(x—4)2 +(y+1) +(z—3)2 =25

2

C.(x—4)2 +(y+1)2 +(z—3)2 -5 D.(x+4)2 +(y—1)2+(z+3) =5

Cau 4 Trong khong gian Oxyz , tam | ctia matcau (S): x> +y* +z2 —8x—2y+1=0 c6 toa do Ia:

A. 1(4;1,0) B. 1(4;,-10) C. 1(-4;1,0) D. 1(-4;-10)
Cau 5. Trong khong gian Oxyz , mat cau tam 1(,1;2) va di qua A(~2;1,6) c6 phuong trinh 13
A (XHD2+(y+D%+(z2+2)% =25 B. (x-12+(y-12+(z-2)% =5
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C. (x-)2+(y-)2+(z-22%=25 D.(x+1)2 +(y+)2 +(z+2)2% =5

Cau 6. Trong khong gian OXyz , mit cau di qua bén diém A(6;-2;3), B(0;1;6), C(2;0;—-1),D(4;1;0) co
phuong trinh la:

A X2+ y2 +22 —4x+2y—-62—-3=0 B.2x% + y2+z2 —4x+2y—-62—-3=0

C.x2+y2+22+4x—2y+62—3:0 D. x2+y2+22—4x+2y—6z+3:0

Céau 7. Trong khong gian OXyz cho bén diém A(Z;0;0), B(0;1;0),C(0;0;1),0(0;0;0) . Khi d6 mit cau
ngoai tiép tir diéen OABC c¢6 phuong trinh 14 :

A.x2+y2+22+x+y+z=0 B.x2+y2+22—2x—2y—22=0

2 2

C. X +y2+z -X-y—-2=0 D. x2+y2+22+2x+2y+22:0
Cau 8. Trong khong gian OXYZ cho mit ciu (S): x2 +y2 + 22 —2x—4y—62 =0 va ba diém
O(0;0;0), A(L; 2;3), B(2;,—1—1). Trong ba diém trén sé diém nam bén trong mat cau 1a :

A. 1 B.2 C.0 D.3

Cau 10. Trong khong gian O xyz , cho 4 diém A(1,0,0); B(0,1,0); C(0,0,1); D(1,1,1). Mat cau
ngoai tiép tir dién ABCD c6 ban kinh bang :

A.?. B.V2. C.3. D.

Nlw

Cau 11. Cho mat cau (S): x* +y* +2° —2x+4y+1=0 c6 tam | va ban kinh R 12:
A. 1(L-2;0,R=2 B. I(L-21),R=2 C. 1(L-21),R=+6 D. 1(1,-2;0),R=+/6
Cau 12. Cho mat cau (S) c6 tam | nam trén mat phang (xOy) va di qua 3 diém A(1,2,-4);
B(1,-3,1); C(2,2,3).Toa do tam I 1a:
A.(-2,1,0). B.(0,0,-2). C.2,-1,0). D.(0,0,1).
Cau 13. Trong khong gian OXyz, phwong trinh mit cau (S) qua ba diém A(L-2;4), B(L3;-1),
C(2;—2;—3) vaco tam nam trén mat phang OXy la :
A X2+ y2 +22 +4x+2y+21=0 B.X% + y2 +22 +4x+2y+3z-21=0
C.x2+y2+22—4x+2y—21=0 D.x2+y2+22+4x+2y—21=0
Céau 14. Trong khong gian OXYZ, cho hai diém A(L;2;0),B(-3;4;2) va | 1a diém thuoc truc OX. Phuong
trinh mat cau tam | vadiqua A, B la:

2 2 2 _ 2 2 2 _
A(x=3)+y +z°=20 B.(Xx+3)“+y +z°=20

11

C. (x+1)?+(y-3)? +(z-1)>? = D. (x+1)? +(y—3)? +(z-1)% =20
Cau 15. Trong khong gian OXYyz , mit cau (S): x2 4 y2 + 72 —4mx+4y+2mz + mZ +4m=0 c6 ban kinh nho
nhat khi m bang :

A.1 B.l C.ﬁ D.0
2 3 2

Cau 16. Trong khdng gian véi hé toa dd Oxyz , gia tri ciia tham s6 m dé phuong trinh
X2 +y?+ 22 = 2mx+2(m—2)y —2(m+3)z+8m+37 =0 1a phuong trinh cua mat cau:
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A m<-2hay m>4 B.m<—4haym>2 C. m<—4haym>-2 D. m<-2 hay m>4.

Cau 17. Trong khdng gian véi hé toa dd Oxyz, cho diém M (1,-1;3) va mit cau (S)c6 phuong trinh
(x-1)* +(y+2)° +22=9. Khing dinh ding la:

A. M nam ngoai (S) B.Mnamtrong (S)  C.Mnamtrén(S) D. M triing véi tam cua (S)

Cau 18. Trong khong gian véi hé toa do Oxyz, cho mat cau (S) ¢o tam 1(3;-2;4) va tiép xdc véi truc Oy. Viét
phuong trinh ctia mat cau (S).

A.(x+3)2 +(y—2)2 +(z+4)2 =25 B.(x+3)2 +(y—2)2 +(z +4)2 =45

C.(x=3) +(y+2) +(z-4)" =25 D.(x—=3)" +(y+2)" +(z—4)" =54

Cau 19. Trong khong gian véi hé toa do Oxyz, cho mat cau c6 phwong trinh la
(S):x% +y* +2% —2x+6y+4z=0. Biét OA, (O la gbc toa d) 1a duong kinh cua mit ciu (S). Toa do diém
Ala:

A. A(-1;3;2) B. A(-1,-3;2) C.A(2;,-6;,4) D. A(-2;6;4)

Cau 20. Trong khong gian véi hé toa do Oxyz, trong cac phuong trinh sau phuong trinh nao la phuong trinh
cuaa mat cau:

A 2 +y* +2% —10xy -8y +2z-1=0 B.3x% +3y% +32% —2x—6y+4z-1=0

C. 2x% +2y* +22% - 2x—6y +42+9=0 D.xz+(y—z)2—2x—4(y—z)—9=0

Cau 21. Trong khong gian Oxyz, cho mat cau (S):2x” +2y +2z° +12x—4y+4=0. Mjt ciu (S) c6 dudng
kinh AB. Biét diem A(-1;-1;0) thudc mit cau (S). Toa do diém B Ia

A.B(-5;3;-2) B. B(-11;5;0) C.B(-11;5;4) D. B(-5;3;0)

Céau 22.Trong khéng gian véi hé truc toa d6 Oxyz, cho ba diém A(2;1,-3),B(4; 3;-2),C(6;4;-1) . Phuong
trinh mat cau tAm A va di qua trong tdm G cua tam giac ABC la:

A (x=2)% +(y-1)*+(z+3)* =6 B.(x+2)* +(y+1)* +(z-3)* =6
C.(x=2)*+(y-1)*+(z+3)* =4 D.(x+2)* +(y+1)* +(z—3)* =4

Cau 23 Trong khdng gian véi hé toa do Oxyz, cho mat cau (S) ¢ tam I(—1;4;2), biét thé tich khoi cau bang
9727 . Khi d6 phwong trinh ciia mat cau (S) 1a:

A (x+1)° +(y—4) +(z-2)° =81 B. (x+1)° +(y—4)" +(z-2)" =9

C. (x—1) +(y+4)* +(z-2)* =81 D. (x=1)"+(y+4)" +(z—-2)" =9

Cau 24 Trong khong gian véi hé truc toa 46 Oxyz, cho cac diém A(1;2;5),B(2;1;1) va C(0;0;3). Phuong
trinh mat cau (S) ¢ tam 1a trong tm tam gidc ABC va ban kinh bang 3.

A.(x-1* +(y-1)> +(z-3)* =3 B.(x—1)* +(y—-1)* +(z-3)* =9

C.(x+1)* +(y+1)> +(z+3)* =9 D.(x+1)* +(y+1)* +(z+3)* =3

Cau 25 Trong khdng gian véi hé toa d Oxyz, cho mit cau (S) c6 tam 1(1;3;-2), biét dién tich mat cau bang
1007 . Khi d6 phwong trinh ctia mat cau (S) la:

A x?+y? 422 —2x—6y+4z+4=0 B.x% +y? +2% —2x—6y+4z-86=0

C.x?+y? +2° —2x—6y+4z+9=0 D.x* +y* +2% —2x—6y+4z-11=0
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